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Basic examples of algebraic solutions to Painlevé VI (Hitchin, Dubrovin):

Three-branch tetrahedral solution:

(s—1)(s+2) 3 1)%(s+2)
 s(s4+1) (s +1)2(s—2)

(61,0, 03,04) = (2/3,1/3,1/3,2/3)

v

Four-branch dihedral solution:

. 52(5+2) t__ss(s—kg)
J'["r—sﬁwt-:«hkl’ T 2s+1

(E}hf’lzsea,ﬁd) — (1(“2,1,{2,1;"2,1;’2)

Four-branch octahedral solution:

_G-1 (s s—1p
Y=s-2) (s —2)

(61,02, 05,65) = (1/4,1/4,1/4,1/4)




Basic families of algebraic solutions to Painlevé VI:

Square root family:
y=tt
92=93 and h+60;,=1

Three-branch tetrahedral family:
_(s—1)(s+2) _ (s=1)*(s+2)
-~ 8(s+1) (s +1)%(s—2)

2
01/2 =0y = 04,0, = 3

Y

Four-branch dihedral family:
(s +2) o (s +2)
24 sl T 2541

01 :6'2 =€3,ﬁ4 = 1/2

Four-branch octahedral family:
_ (=1 (s+D)(s-1)°
y—3{3~2)' )

9]202233,9421—391
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Elliptic dihedral solution
Hitchin 1996

12 branches, genus 1

(61,02, 05,04) = (1/2,1/2,1/2,1/2)

- (Be—1)(s*—45-1) (s +u) (s(s+2)—u)

*= (Bs%+ 782 +5+1)(s2—u)(s(s—2)+u)
_(E+u)’ s+ -w)(s(s-2) — )
(2 —u)(s(s+2)+u)(s(s—2) +u)

where s, u satisfy:

' =35(s*+5-1)
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